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If 𝒫 is a property of topological spaces, we say that a topological
space ⟨𝑋, 𝜏⟩ (or the corresponding topology 𝜏 ) is maximal 𝒫 if it has
the property 𝒫 , but no strictly finer topology 𝜏∗ > 𝜏 has the prop-
erty 𝒫 . We are interested in the case where 𝒫 means connectedness,
i.e. in maximal connected topologies.

We show how the property of being maximal connected (and also
essentially connected and strongly connected) is preserved by the con-
struction of so-called tree sums of topological spaces under certain
conditions.

We also recall the characterization of finitely generated maximal con-
nected spaces and reformulate it in the language of specialization pre-
order and graphs, from which it is imminent that finitely generated
maximal connected spaces are precisely certain tree sums of copies
of the Siepiński space.

Finally, we note that several classes of topological spaces are equiva-
lent to the class of I-spaces in the realm of maximal connected spaces,
and that maximal connected I-spaces include the class of finitely gen-
erated maximal connected spaces. We present several results towards
characterization of maximal connected I-spaces.
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